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for the functional equivalent of the series. This is a function, the initial branch of which is analytic over the entire plane of x except at the points 0 and oo.
We turn now to the consideration of the region of sunimability, in which x must lie in order that the integral shall have a sense. Borel has determined the shape of this region when the fundamental series (I) is convergent, but in so doing he restricts himself to what he calls the absolutely summable series. The series (I) is said to be absolutely summable for any value of x when the integral (4) is absolutely convergent and when, furthermore, the successive integrals
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have also a sense.*
To fix the shape of the region Borel shows first that if a function defined by a convergent series (I) is absolutely summable at a point P, it is analytic within the circle described upon the line OP as diameter, connecting P with the origin 0; conversely, if it is analytic within and upon a circle having OP as diameter, it must be absolutely summable along OP, inclusive of the point
*The condition (7) was not originally included in Borel's definition of absolute summability (Ann. de VEc. Nor.j ser. 3, vol. 16, 1899), and is superfluous in fixing the shape of the region. Cf. Math. Ann., vol. 55 (1902), p. 74. The modification of the definition was introduced in the Series dwergentes and is needed for the developments explained below, p. 102. Chapters 3 and 4 of this treatise can be read in connection with the present lecture.ent. One mode of doing this is by the introduction of an n-fold integral. Suppose, for example, that in (6) one of the two factorials n \ is replaced by
